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A FINITENESS OF THE INDEX /p ,.(f) FOR REAL-ANALYTIC FUNCTIONS
ON A COMPACT REAL-ANALYTIC MANIFOLD

Makoto KAMETANI

ABSTRACT: Let M be an oriented compact real-analytic manifold and P = P(z, 0;) a partial differential
operator of order m defined on M with real-analytic coefficients. For a positive number 7 and for a real-analytic
function f defined on M, we define an index pp, »(f) by

1

k
k) rmk P11,

pp o (f) == sup

kEZy

where we denote the I? norm of a function h by ||h|| , which is determined by the volume element dv on M,

and where we denote the set of all nonnegative integers by Z+. In this article we prove that the index pp, »(f)

is finite when r is small enough. Although this theorem is well-known, our proof is elementary and the proof

gives an explicit expression of the positive number r satisfying up(f) < oo, from which we obtain the fact

that  depends only on the radii of convergence of the function f and the coefficients of the operator P and on the
maximum norms of the coefficients in their domains of convergence.

Key Words : Real-analytic function, Compact real-analytic manifold, L* norm, Partial differential operator with
real-analytic coefficients



